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The proofs follow directly from the first order conditions. Let ϕL represent the first order 

condition with respect to L and ϕD represent the first order condition with respect to D. Using the 

implicit function theorem leads to the following. 

Proposition 1 Proof: 
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Proposition 2 Proof: 

(A2) 

2 2

2 2

/ 0
0

/ 2 '( ) ''( ) /

/ 1
0

/ /

L D

D L L L

D D

D D

tL

t L r p L p L r L C L

tD

t D C D









 
    

     

  
    

    

 

Proposition 3 Proof: 
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Proposition 4 Proof: 
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Proposition 5 Proof: 
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